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A major aim of this paper was to provide a quantitative enhancement of the strict 1-negative
type inequalities for finite metric trees due to Hjorth et al. [1]. Any such inequalities clearly
require a normalization condition, which was unfortunately omitted from the original statement
of Theorem 4.16 (and consequently from inequality (1)). The correct statement of this theorem
is as follows.
Theorem 4.16. Let (T , d) be a finite metric tree. Then for all natural numbers n  2, all finite
subsets {x1, . . . , xn} ⊆ T , and all choices of real numbers η1, . . . , ηn with η1 + · · · + ηn = 0, we
have
ΓT
2
·
(
n∑
=1
|η|
)2
+
∑
1i,jn
d(xi, xj )ηiηj  0
where ΓT = {∑e∈E(T ) |e|−1}−1.
Proof. Fix a subset {x1, . . . , xn} ⊆ T (n  2), together with real numbers η1, . . . , ηn such that
η1 + · · · + ηn = 0. Without any loss of generality we may assume that (η1, . . . , ηn) = (0, . . . ,0).
By relabelling (if necessary) we may assume there exist natural numbers q, t ∈ N such that
q + t = n, η1, . . . , ηq  0, and ηq+1, . . . , ηn < 0.
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∑q
j=1 ηj = −
∑n
k=q+1 ηk we may define
α =
q∑
j=1
ηj = −
n∑
k=q+1
ηk = 12
n∑
=1
|η| > 0.
For 1  j  q , set aj = xj and mj = ηj/α. And for 1  i  t , set bi = xn−i+1 and ni =
−ηn−i+1/α. By construction, D = [aj (mj );bi(ni)]q,t is a normalized (q, t)-simplex. Moreover,
arguing as in the proof of Theorem 2.4 with exponent p = 1, we see that
1
α2
·
∑
1i,jn
d(xi, xj )ηiηj
= 2
( ∑
1j1<j2q
mj1mj2d(aji , aj2) +
∑
1i1<i2t
ni1ni2d(bi1, bi2) −
n∑
j,i=1
mjnid(aj , bi)
)
.
Hence by Theorem 4.12,
∑
1i,jn
d(xi, xj )ηiηj −2α2 ·
{ ∑
e∈E(T )
|e|−1
}−1
= −ΓT
2
·
(
n∑
=1
|η|
)2
. 
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